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Cau I 1) Goi a 12 hoanh do ctia M, vay M c¢6 tung do a” - 1. Do d6

2

1

OM2=a2+(a2-1)2=a4-az+1=={a2 -3 !

+ %,suyraOMngénnhéitkhia2=%:>a=i—.

Np

2)VériaZLduéngthéngOMcéhésé'géc k=M = . L

V2 Xm V2
Tai M, ti€p tuyén ctia (P) co hé s6 goc y'm =2xy = V2; vay tiép tuyén ay vuong goc véi OM.

Cau II. 1) Ham y dugc xédc dinh v6i moi x, va ¢6 dao ham

K=1 A

Y’ = cosx + 6¢0s2x = 12cos’x + cosx - 6. Z_‘\\
o

Tacéy’ZO@Cosng,COSX:-%. 5

Viy ¢6 dao ham v6i moi x, nén y dat gia tri 16n nhat tai mot diém tai d6 y’ = 0.

V5

» 2 . . .
a) V6i cosx = EY sinx = £ 3 = y = sinx + 6sinxcosx =

55

=sinx (1 + 6¢cosx) =+ >

W7

b) Véi cosx = - %, sinx = + 77 ;  y=sinx(1 + 6cosx) =+ T .

J5

e . . 2 .
Suy ray dat gid tri I6n nhat  yp. = % khi cosx = 3 sinx = R
2) ViTA =R = 1, nén dé dudng thang d cat duong tron tai Bva C, ta phdicé 0 < a < g .

Vi ki hiéu trén hinh ve, ta tinh dugc cac goc cta tam gidc ABC:B=a+C,A=n-(B+C)=7-(a+ 2C)
r6i dp dung dinh 1i ham sin cho tam gidc y (R = 1) thi dugc a = 2sin(a + 2C), ¢ = 2sinC.

Goi S 1a dién tich tam gidc ABC,taco S = % BC.TA. sina = sin(a + 2C)sina.

Mait khéc 4p dung dinh Ii ham sin cho tam gidc ATB:



www.khoabang.com.vn

Luyén thi trén mang

C AT 2sinC _ 1

sinqx sin® ABT sino sinfav + C)
cos(a + 2C) = cosa - sina.

s ae Q2 20 2 _ w20 27 sy 30
Vivay S”=sin""sin"(a +2C) =sin""[1 - (cosa - sina)”] =2sin”"cosa
hay S* = 4sin®*cos™ = 4sin®*(1 - sin**)= 3 sin®®.sin**.sin®* .(3 - 3sin™*) <

.2 ) .2 .2 4
sin‘a + sin“‘a + sin“a + 3 - 3sin‘« 27

<2 _
=3 4 64

’ ) . . . 3 T
Dau = xay ra khi sin®® =3 - 3sin®* = sina = - == 3

Cau II1. 1) Viét phuong trinh da cho du6i dang a(|x + 2|+ [x - 1|) =b.
Xét ham

; .

2x — gkhzx <=2

y=[x+2[+[x-1]= 3khi—2<x<1
2x + 1khil < x.

= sina = 2sinCsin(a + C) = cosa - cos(a + 2C) =

s . 9 N N L, . .2 9 N . . N 2 b ; 9
Vé do6 thi cua ham y va xét giao diém cua do thi v6i duong thang y = — (a = 0), suy ra két qua nhu sau :
a

a) a=0, b= 0: phuong trinh vd nghiém. Véia=0, b =0 phuong trinh c6 nghi¢m x tuy y.

b) Véia= 0

i) n€u b/a > 3 : phuong trinh c¢6 hai nghiém x = -% [E + 1
a

9X:l [E - 1];
2 la

ii) néu b/a = 3 : phuong trinh c6 nghiém : -2 <x < [;
iii) néu b/a < 3 : phuong trinh vo6 nghiém.

2) Dé ¥ néu ching han x =y = x* = y> = y = z, va ta duoc cdc nghiém
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1-45 1+ 45

,X=y=z=
2 Y 2

X=y=z=
Ta hay chiing t6 hé khong con c6 nghiém nao khac.

Qua vay gia su (x, y, z) la mot nghiém trong do6 x, y, z khac nhau tirng d6i mot. Hé bat bién doi véi phép hoan vi vong
quanh, nén c6 thé coi rang x 1a so6 16n nhat. Vi thé chi cin xét hai kha nang : x >y >zvax>z>y.

a) X >y > z. So sanh cic v€ trdi clia hé, ta duoc 2 > x> > y”. Vay phaic6x > 0 (nux <0thi 0 > x >y >z = x> <y’
<Zvaz<0m&uz>0thxx>y>z>0=x">y >72). Tux>0=77=x+1>1=z<-1.

Nhung khi d6 y* =z + 1 < 0 : mau thuan.

b) x > z > y. Nhu trén, ta dugc z* > y> > x%, vay phai c6x >0,y <0.Vxx>0=272">1.Doz+1=y*>0
=z>-l,vayz>1=y=z+1>2 miy<Onény < - V2.

Khi d6 x> =y + 1 < 0 : mau thuan.
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Cau IVa.

t

1 1
Z—— dt==[In|t|-In|t+1[]f =|In
[t HJd fin] | ~n ¢+ 1]} { N

Vay: limI(x)= lim (m 2X j h{ lim 2% ]zan.
1 x—o X+ 1

x<1).

==In —In—=1In
x+1 2 x+1

T X 1 2x

1

X—>00 X—>0 X +
Cau Va.
1) Goi (x,,y,) 12 toa do giao diém cua (D;) va (D).
Xy = —2t=3t"+1
Khidé {"°
Yo = -3t =6t"+3.
—2t-3t'=1
T d6 ta c6 hé
—-3t—6t'=3,

suyrat=1(t'=-1).
Vay (Dy) va (D,) cét nhau tai A ( -2, - 3).
Ghi chii : C6 thé giai bang cach dua vé phuong trinh tong quat

y=2x cho (Dy).
y=2x+1cho (D,)
2) (D;) ¢6 vecto chi phuongv; =(-2;-3), (D,) c6 vecto chi phuong v, =(3;6).

Goi o 12 géc nhon hop bdi (Dy) va (Dy). v{.vo =|v{|.| V5 | cos(v{,v,)

= —6—18=@.J4_5c0s(71,6): cos(;l,g)z—J123445 =—\/1§45 5 =—\/i_5.

—— 8
= cosa = cos(vy,Vy) = —=

J65

Chua y : cosa > 0 vi a 1a géc nhon.

Cau IVb.
1) Ta hdy chiing t6 rang B', C'
nhin AD' dudi géc vudng, tir d6 suy ra AB'C'D' 1a mot ti giac
ndi tiép.
Quavay CD 1. SA,CD L CA = CD 1 (SAC) = CD 1 AC.
Vi AC' trong mat phang (P), nén AC' L SD. Suy ra
AC L (SCD) = AC' LCD.
Tuong tu AB' L BC'.
2) Tu AC' L (SCD) = AC' L SC, va tuong tu AB' 1 SB.
Suy ra
SA? =SB.SB'=SC.SC'=SD.SD'.
Taco: Vsapcp =Vsapc + Vsacp'
Vsapc _SB' SC'_ SBSB' SCSC'  sA*
Vsapc SB'SC sB? sc?  sB2sc?’
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Vgacp'  SC' SD'_SCSC' SDSD' SA*

Vsacp SC'SD s  sp? scisp?
Dé ¥ rang

SB? =SA? + AB? =h? + a2,

SC? =SA% + AC? =h? + 322,

SD? =SA% + AD? =h? + 422,

2

1 2 a’h/3
Vs ABC =§VS.ABCD, Vs.acD =§Vs.ABCD, Vs.ABCD = 2
J3a?h’ (h? +2a2)

SUy Ta VSAB'CD' S 5o 55

4(h” +a”)(h” +3a”)(h” +4a”)
2 2
3) SD'= SA _ h ’
SD \/h2 +4a2

) 3VgAB'C'D’ 343a%h3 (h? + 227
viy dt(AB'C'D")= S.SAI];CD -— 2( : 2) _.
4(h* +a”)(h” +3a )\/h +4a



